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generated by ei, fi, k
±1
i (0 ≤ i ≤ n) satisfying the relations [4, 6]
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where e
(ν)
i = eνi /[ν]qi !, f

(ν)
i = fν

i /[ν]qi ! and [m]q! =
∏m

j=1[j]q. The data (aij)0≤i,j≤n is the Cartan
matrix in the convention of [7]. It is given by

ai,j = 2δi,j −max((log qj)/(log qi), 1)(δi,j+1 + δi,j−1),

where δi,j = θ(i − j ∈ (n + 1)Z) for gtrn and δi,j = θ(i = j) for gs,tn . The data qi in (3.1) are
specified above the associated vertex i (0 ≤ i ≤ n) in the Dynkin diagrams:
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For Uq(g
s,t), we have q0 = qs

2/2, qn = qt
2/2 and qi = q (0 < i < n). The coproduct ∆ has the

form

∆k±1
i = k±1

i ⊗ k±1
i , ∆ei = 1⊗ ei + ei ⊗ ki, ∆fi = fi ⊗ 1 + k−1

i ⊗ fi. (3.2)

The opposite coproduct is denoted by ∆op = P ◦∆, where P (u⊗ v) = v ⊗ u is the exchange of
the components.

3.2 q-oscillator algebra

Let Bq be the algebra over C(q
1
2 ) generated by b+,b−, t and t−1 obeying the relations

t t−1 = t−1 t = 1, t b± = q±1b± t, b± b∓ = 1− q∓1t2. (3.3)

We call Bq the q-oscillator algebra. Comparing it with (2.12) we see that the map

ρ : b+ 7→ a+, b− 7→ a−, t 7→ k (3.4)

provides a representation of Bq on the Fock space F .


