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Figure 7. Types 7, 8, 9.

8. Polar conic plane cuts Darboux quadric, parabolic pencil.

The pencil with the vertex at the infinite point gives lines

y = v,

the polar conic

x20 − z0 = 1, y0 = 0,

gives the family of circles (
x− 1

u

)2

+ y2 =
u2 − 1

u2
.

The circles envelopes the ellipse

x2 + 2y2 = 2

as shown in the center in Figure 7.

9. Polar conic plane cuts Darboux quadric, parabolic pencil, webs symmetric by
translations.

The pencil with the vertex at the infinite point gives lines

y = v,

the polar conic is

x20 + (1−
√
2)z20 − 2

√
2z0 = 1 +

√
2, y0 = 0,

defining the family of circles

(x+ u)2 + y2 = 1,

the circles touching the lines

y = ±1

as shown on the right in Figure 7.

10. Polar conic plane tangent to Darboux quadric, hyperbolic pencil.

The pencil with limit circles at (1, 0) and (−1, 0)) gives circles

x2 + y2 + 1 = vx,


