
CORRELATED GROMOV-WITTEN INVARIANTS 41

•

•

•

•2 2

4

•2

2

•

2 •

•

•

•

3 •3

6

•6

4•8

•6

•3 3

•
6

D1 D2

Figure 2. Floor diagrams.

Theorem 6.5, the latter are exactly the graphs appearing in the decomposition formula, up
to a redecoration.

▷ Sources and sinks correspond to marked points mapped to the boundary divisors of
the expanded degeneration.

▷ Flat vertices correspond to genus 0 components with an internal marked point mapped
to a fiber of E × P1.

▷ Floors correspond to genus 1 components in the class aV [E] + bV [P1] where bV is the
flow through V . Its intersection profile with the boundary divisor is prescribed by the
adjacent edges.

▷ Edges correspond to nodes in the domain mapped to the singular locus of the expanded
degeneration.

▷ Edges relating vertices which are not consecutive in the order on floors and flat vertices
should be subdivided. The new bivalent vertices would correspond to components
mapped to a fiber but without marked point.

Let w = (w1, . . . , wn) be a tangency profile and let δ be a common divisor. Let D be a
floor diagram and δD its δ-gcd (the gcd between its edge weights and δ). Recall that we have
the division operator d

[
1

δ/δD

]
over the group algebra.

Definition 6.4. We define the correlated multiplicity of D to be

mδ(D) = d

[ 1
δ/δD

](∏
V

anV −1
V σδD(aV )

) ∏
e∈Eb(D)

we

∏
e∈E◦(D)

w2
e · (aλ0) ∈ Q[E],

where the first product is over the floors, the second product over the set of bounded edges
Eb(D), the last product over the set of possibly unbounded edges not adjacent to a flat vertex
E◦(D), and δλ0 = λ.


